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Let β(n) denote the sum of the distinct prime factors ofn, and let

B(x) = #{n≤ x: n is composite andβ(n) | n}.
In this paper the authors prove that for all sufficiently largex we have
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At the end they also conjecture that, asx→∞,

B(x) = xe(−
√
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√

log x log log x.

Related questions were previously investigated by C. A. Spiro-Silverman [J. Number Theory21
(1985), no. 1, 81–100;MR0804916 (87c:11086)], P. Erd̋os and C. Pomerance [Indian J. Math.
32 (1990), no. 3, 279–287;MR1088609 (92a:11091)] and most recently by R. C. Vaughan and
K. L. Weis [Mathematika48 (2001), no. 1-2, 169–189 (2003);MR1996369 (2004f:11099)].

Reviewed byFilip Saidak
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7. A. Ivić, The Riemann-Zeta Function, Theory and Applications,Dover Publications (Mineola,

New York, 2003).MR1994094
8. K. Ramachandra and A. Sankaranarayanan, Vinogradov’s Three Primes Theorem,Math. Stu-

dent66 (1997), 1–4 and 27–72.MR1626258 (99f:11131)

/mathscinet
/mathscinet/pdf/2229464.pdf?arg3=&co4=AND&co5=AND&co6=AND&co7=AND&dr=all&pg4=ALLF&pg5=TI&pg6=PC&pg7=ALLF&pg8=ET&s4=saidak&s5=&s6=&s7=&s8=All&yearRangeFirst=&yearRangeSecond=&yrop=eq&r=4
/mathscinet/search/publications.html?arg3=&co4=AND&co5=AND&co6=AND&co7=AND&dr=all&pg4=ALLF&pg5=TI&pg6=PC&pg7=ALLF&pg8=ET&s4=saidak&s5=&s6=&s7=&s8=All&yearRangeFirst=&yearRangeSecond=&yrop=eq&r=1
/mathscinet/pdf/2218310.pdf?arg3=&co4=AND&co5=AND&co6=AND&co7=AND&dr=all&pg4=ALLF&pg5=TI&pg6=PC&pg7=ALLF&pg8=ET&s4=saidak&s5=&s6=&s7=&s8=All&yearRangeFirst=&yearRangeSecond=&yrop=eq&r=6
/mathscinet/search/mscdoc.html?code=11N56
/mathscinet/search/publications.html?pg1=IID&s1=55480
/mathscinet/search/institution.html?code=3_LVL
/mathscinet/search/publications.html?pg1=IID&s1=630217
/mathscinet/search/journaldoc.html?&cn=Mathematika
/mathscinet/search/publications.html?pg1=ISSI&s1=246096
/mathscinet/pdf/804916.pdf
/mathscinet/pdf/1088609.pdf
/mathscinet/pdf/1996369.pdf
/mathscinet/search/publications.html?pg1=IID&s1=639914
/mathscinet/pdf/2195712.pdf?pg1=MR&amp;s1=2195712&amp;loc=fromreflist
/mathscinet/pdf/992072.pdf?pg1=MR&amp;s1=90g:11018&amp;loc=fromreflist
/mathscinet/pdf/758338.pdf?pg1=MR&amp;s1=85j:11116&amp;loc=fromreflist
/mathscinet/pdf/896810.pdf?pg1=MR&amp;s1=89a:11090&amp;loc=fromreflist
/mathscinet/pdf/1088609.pdf?pg1=MR&amp;s1=92a:11091&amp;loc=fromreflist
/mathscinet/pdf/831874.pdf?pg1=MR&amp;s1=87d:11066&amp;loc=fromreflist
/mathscinet/pdf/1994094.pdf?pg1=MR&amp;s1=1994094&amp;loc=fromreflist
/mathscinet/pdf/1626258.pdf?pg1=MR&amp;s1=99f:11131&amp;loc=fromreflist


9. C. Spiro, How often is the number of divisors ofn a divisor ofn?,J. Number Theory21(1985),
81–100.MR0804916 (87c:11086)

10. G. Tenenbaum,Introduction to Analytic and Probabilistic Number Theory,Cambridge Univer-
sity Press (1995).MR1342300 (97e:11005b)

11. R. C. Vaughan and K. L. Weis, On sigma-phi numbers,Mathematika48 (2001), 169–189.
MR1996369 (2004f:11099)

12. T. Z. Xuan, On sums involving reciprocals of certain large additive functions,Publ. Inst. Math.
(Beograd) (N.S.)45 (59)(1989), 41–55.MR1021915 (90i:11102)

Note: This list reflects references listed in the original paper as accurately as possible with no
attempt to correct errors.

c© Copyright American Mathematical Society 2007

/mathscinet/pdf/804916.pdf?pg1=MR&amp;s1=87c:11086&amp;loc=fromreflist
/mathscinet/pdf/1342300.pdf?pg1=MR&amp;s1=97e:11005b&amp;loc=fromreflist
/mathscinet/pdf/1996369.pdf?pg1=MR&amp;s1=2004f:11099&amp;loc=fromreflist
/mathscinet/pdf/1021915.pdf?pg1=MR&amp;s1=90i:11102&amp;loc=fromreflist

