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With the help of Selberg’s sieve, Bombieri’s version of the large sieve and some of Burgess’
character sum estimates, the author proves the following theorem: LetN,Q ∈ N, andap ∈ C for
all primesp≤N . Then∑
q≤Q

(q− 1)
∑

(a,q)=1

∣∣ ∑
p≤N

p≡a modq

ap −
q

ϕ(q)
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∣∣2 �ε

(
N

log N
+Q2+ε

) ∑
p≤N

|ap|2.

Even under the assumption of the Generalized Riemann Hypothesis one would get onlyQ4+ε

instead ofQ2+ε. As a corollary the author then deduces: Letπ(x, χ) =
∑

p≤x χ(p). Then for any
x > Q2+ε there exists a constantCε > 0, such that∑

q≤Q

∑
χmodp

∗
|π(x, χ)|2 ≤ Cε

x2

(log x)2 .

Weaker versions of these two theorems (i.e. with largerQ) were obtained in 1983 by P. D.
T. A. Elliott [in Studies in pure mathematics, 157–164, Birkḧauser, Basel, 1983;MR0820219
(87c:11084)] and Y. Motohashi [inStudies in pure mathematics, 507–515, Birkḧauser, Basel,
1983; MR0820246(87a:11088)], respectively.

ReviewedbyFilip Saidak
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Note: This list reflects references listed in the original paper as accurately as
possible with no attempt to correct errors.
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