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It is well known [E. C. Titchmarsh,The theory of the Riemann zeta-function, Second edition,
Oxford Univ. Press, New York, 1986;MR0882550 (88c:11049)] that the function
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appearing in the functional equation of the Riemann zeta-function,ζ(s) = χ(s)ζ(1− s), satisfies
(using the usual notations = σ + it)
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In this paper the authors prove for1
2 ≤ σ ≤ 1 andt ≥ 2π + 1 the inequality|ζ(1− s)| ≥ |ζ(s)|,

and sharpen the estimate forχ(s) by showing that(
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Their argument depends on elementary considerations involving uses of relevant series expansions
to a sufficient number of terms. Open problems and conjectures (some of which imply the Riemann
Hypothesis), and some numerical data are also supplied in the paper.

Reviewed byCem Y. Yıldırım

References

1. AYOUB, R.: Euler and the zeta function,Amer. Math. Monthly81 (1974), 1067–1086.
MR0360116 (50 #12566)
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29. RIEMANN, B.: Über die Anzahl der Primzahlen unter einer gegebenen Grösse (1859).Col-

/mathscinet/pdf/228408.pdf?pg1=MR&amp;s1=37:3989&amp;loc=fromreflist
/mathscinet/pdf/1504264.pdf?pg1=MR&amp;s1=1504264&amp;loc=fromreflist
/mathscinet/pdf/1544477.pdf?pg1=MR&amp;s1=1544477&amp;loc=fromreflist
/mathscinet/pdf/792089.pdf?pg1=MR&amp;s1=87d:11062&amp;loc=fromreflist
/mathscinet/pdf/1183467.pdf?pg1=MR&amp;s1=93h:11096&amp;loc=fromreflist
/mathscinet/pdf/1659317.pdf?pg1=MR&amp;s1=99i:30001&amp;loc=fromreflist
/mathscinet/pdf/717719.pdf?pg1=MR&amp;s1=85e:11062&amp;loc=fromreflist
/mathscinet/pdf/337821.pdf?pg1=MR&amp;s1=49:2590&amp;loc=fromreflist
/mathscinet/pdf/1803093.pdf?pg1=MR&amp;s1=2001k:11002&amp;loc=fromreflist
/mathscinet/pdf/602825.pdf?pg1=MR&amp;s1=82h:10056&amp;loc=fromreflist
/mathscinet/pdf/1868473.pdf?pg1=MR&amp;s1=2003h:11109&amp;loc=fromreflist
/mathscinet/pdf/1868473.pdf?pg1=MR&amp;s1=2003h:11109&amp;loc=fromreflist
/mathscinet/pdf/961614.pdf?pg1=MR&amp;s1=89j:11083&amp;loc=fromreflist


lected Works, Teubner, Leipzig, 1892.
30. SELBERG, A.:The zeta-function and the Riemann Hypothesis.In: Proc. Skand. Math. Kongr.,

Kobenhavn, 1947, pp. 187–200.MR0019676 (8,446i)
31. STIELTJES, T. J.:Sur le developpement delogΓ(a), J. Math. Pures Appl. (9)5 (1889), 425–44.
32. STIRLING, J.:Methodus Differentialis,London, 1730.
33. SWINNERTON-DYER, H. P. F.:A Brief Guide to Algebraic Number Theory.London Math.

Soc. Stud. Texts 50, Univ. Press, Cambridge, 2001.MR1826558 (2002a:11117)
34. TITCHMARSH, E.:The Theory of the Riemann Zeta-Function(2nd ed., revised by D. R.

Heath-Brown), Oxford Univ. Press, Oxford, 1986.MR0882550 (88c:11049)
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